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Abstract 
As normal subgroups in groups, congruences in Semigroup Theory play an 

important role. We consider the endomorphism monoid of the directed graph on 

the set of all natural numbers together with the so-called zig-zag order. The 

endomorphism monoid on a zig-zag order on ℕ can be regarded as the monoid Oℕ 

of transformations preserving a zig-zag order. This monoid was first studied by 

Currie in 1991 and Rutkowski in 1992. In this presentation, we determine all 

maximal congruences on Oℕ containing a particular equivalence on Oℕ. 


